S aunple Problew Seikion

(a) As _O.m‘g as 05 c 5], e capm warite tha Seguence {t..ﬁ A
i

RS- et
.—:n.»l:g‘:zﬂ - i €
(e, —dd L. 28
Se if Ofc.at = coelo
ﬁ.f!-::i- |1-; J_'I..f'":-q =1 = Conpy & E":',-l}

il e o 2l ol e o s

5]!-'1{.;& La3 e re_%u.l'r‘g_ 'Hdat L TS IL,. 'HU-J"' t‘g lkﬂciu&ik&'ﬂl-'l_,
ol muwnbers in The S2q uence .Sails-.‘:; Ol bl

Gund 5‘2%% fﬂhf ey be Aﬁscr:bai .J:A;
ralation 60,

e sep -L}n-...l 09 et E.‘sfﬂfg NAYIoeYr 1 ‘Enn. Segugh e 'S
r.n.ﬂn.t&& : bél
. TED W ()
WALYe i, 5 Sapad inteaer
'LE"vqrg time we use (%) to Sﬁ; 1 nat nenaoer in
The dequenie, Hee previous valluw s m-,,._uipfi,a:i .b;"
kD Tkl mu_crjfrpﬂxcct;m bs_ ~ e G T B i
The wckes irteacr i6 intipduced. whemn c;,‘}Ja‘, e |
FRANGIMS i %L;. oxprass i b itk &t

enword, )

lde will uge OF) end () te sheo A
e IILE- 'r"n'-.._'%‘l:-ﬁcb,ll T EC“E bq_mgj F:arl';:”:!;".-__‘



EJ_-*_ﬁ_-;E.'- IF §cul becomes periadic , e, 18 rational .

SuFPﬂEE_ 2.3 becomes pe,rfﬂv{ifr:_ This means +Fhat Here /¢
i S OIAG ih-i‘eﬂﬂ_r- N, ‘tlm_‘t i+ we take m& H:_'hlj

: el i ]

':-_.-“ +T

T s the period of the sequence.

= ram rﬂ.ﬂ.ﬁ-:i“um (A%8), we rewrrte thockoove E%lua:l"f.-.m =13
n+T

I&C’-u-.i;t:;l»._.r

=% PR I J (ot st
+ af.l.“.—r n-:l
L =TT F R

5-:’.:- " A L:-‘. r‘“ﬂ._"h‘a:yl.a_ﬂ, {. Botl, nL(.J..H,.r }..j and 127 ntT
Car g mﬂ.}ge_ﬁ; :l

E-;-;_D.E" P e S roctimaall s T bocovnes meriadde

g'—‘-FPP':—.rQ_ =, ;5 ""ﬂ:lﬁﬂ‘rtﬁ.':'. e s ﬂ\ﬂrﬂm h.ﬁEEFE
p: ond g, with ¢, = ‘%T (F-.@r r

IF we usordatun Gl ol

e s
= —a,

where Pn = iiﬂ%i £ 3%, and -ig aniﬂ"*ea;_r
Also recadt that o= Coaldi, 50 0%pn = g,

ua.l H‘ Pn'mj

Se for andu rwmber in ﬁm. S ) € Ol enl -]:C-J(tﬂ wﬂ.ﬂ.uﬂ.s
R S i e &
R
Tl'd_h -E:L'!: Lorme r:'lcr;n‘EJ 'H\JIE_ 15 45 ':n-r'r- = C,

- fe 2 .o Fen‘ad.'q-_



‘50‘.-,1?'12 Prgh ng ﬂgﬁujﬁ'm

(b) We know that c, must be mlicmall, so fat
comsidar some exam ples oF S

£,
e
6. 0.0 T=)
TR T=1
Llria{:’f D.ﬂ' T:I
s d B " Ak
‘!_!"3_'1 3! -!.-l-
S .00 . Tal
Pl 2
5 555 &
W E
E.’Er Sr%:' T:l
- L
— Bt o A 1 ;
ey e = guicklly reduces o /3
TLEAR: bl
R, . -
'E.F'—l"':‘ F . L
e T —
_;.'-T—.--_—r-r i‘:3
5 © e
5. =3
= g SO -
3y 2 L 2.0, = 7 : Gl
S
'_'.-5-- = » ;
‘3' "';E’_ &) }-raﬂluc,e:s‘fa ”"‘f;'“""“" ?"'g
7= R =] |
=z <
R T=a *
A 2 = il
345435 r=3
& -
S5 2
= 4
e ¥ T2

As Ewg% ‘H-.:ma. enate o ¢, A e R widaee. Heel
fe Peﬂ'o.l.‘f, wiith p&rl'ad T! Huore are inHni LQ; mﬂ\hﬂ_‘
¢, that sarwnte o sawene wertudle Wi poried T



For mmpﬂm ='l§ ives ﬁ.aecbul.ﬂr_:i wike a2
e e
padif oot d 2 odolodhaodl
botl, Se&uinces have. Perind 3_'.,_45‘111’ |m=2 Sor = J“‘
ard Wz ¥n'c=J‘j
We'll dewote a o, thet c:réo‘.].‘e.s._a Sequenie with pened T
A L

Sa z.) C allso Lrhﬂ-:]'._gs. ﬂ\_EE&’gLﬁLhLE -..-u'H, P-ir‘l.::x:LT
where pa s qn% Fn:z.lJG’ua Jhméﬂf

Now we just need to cheds that for ead. o | T=2.3.4,.

’Hﬁr‘e fs sowld o +n t:‘rm-}e a, Sﬂﬁul.l-"lcf cﬁ"f‘l-.a:l' f:.zrfuc:{.

Eﬁ_ .ﬂ.ﬂnk.lné at exopmplls . 4 pﬂ-’ﬁl.'trn emers06
e S
ez D T=2 E 2 TF 2 A
ezl = T=3 555555
c, -'!_17 = T=4 :-rfﬁ’{:‘-i:gii:%'rl-?’ :
We hops belaw Hat ¢ = =5 gives o S2quence with T= kK
i éﬂ_nﬂri‘aﬂ.
F&rtﬁl} we- shawed. Hat tL.!—EE%B‘-*'PE-E Va:\.ﬂnu-:l;aulga.‘&
o .-_-,l..
gu ‘H—q ?&hliﬁﬂ5£€wﬂﬂ'ﬂ 5 - = -
zFu TR T RN | s Ji*li"%?”
= |1~ ]&“ﬂ—u}'-g" !r
| s

"*H
' u-«»-"ﬁﬂj:
| ; 2
LJH!f—l‘l Inv..-’ﬂ- P:trmacL I‘: E %pcg - %ﬂmr_ﬂ



For ea-h r&ﬂma‘f ke  Hare is .:._‘],L_I:mg{: el
such that a‘f‘*‘ww‘}'ﬂrm. Ay tha aeliuﬂr.a k2 conaas Fﬂn"n_dy:,
Se %or eodn vallue oF = " W W S, Houave are |n£mhﬂg
MGy <, Hat give wan%_g-.MH, ?qr_rfa!i::. Sequences ot Pﬂn‘mi.T.
_ For T, some ;Janm.hﬂ.a el are
cT= (3=) wwy
DT, | S ‘hﬂra |n‘1‘a%&r.3h¢afl‘w ;. P o



